We compute the complete Abelian group structure of the Brown-Peterson homology of SV, the classifying space for I/'= (Z/p)", the elementary Abelian p-group of rank n.
Introduction
Let us fix a prime p and a positive integer n. Let I/= (Z/pY be the elementary Abelian p-group of rank n. Its classifying space is BV, the n-fold product of BB/p's.
In this paper, we establish the complete Abelian group structure of the
Brown-Peterson homology of BV, BP, (BV).
This builds on and strengthens the results of this paper's predecessor [8] . Recall there is a BP-module homology theory BP(k) .+(I with coefficients BP(k), =:&1,..., ~~1. (BP (l) ,() is a summand of p-localized connective K-theory.) A corollary to our work is:
.
L@kBP*(BZ/p).
To get this theorem to give us the additive structure three tasks.
(I) We must show that the filtration splits additively. (II) In analogy with Theorem 1.1, we must show To paraphrase (ii), the Z-extensions presenting Tk, * are all nontrivial; Tk, * has the largest (and therefore fewest) possible summands. . . * X BZ,,, is stably a wedge sum of A~BZ(~)'S. An important, but understated theme of [8] is that the bottom class of BP, ( A BBC,,)-related to the "toral class" in the bordism of BV-determines the major part of the structure of BP, ( A BZ/p). Our job is to show that this theme remains valid modulo p', s > 0.
Our proof comes from a close examination of the Brown-Peterson homology of the spectrum D(n) which Mitchell uses in his proof of the Conner-Floyd Conjecture [ill. Our paper is organized as follows. Section 2 studies the effect of the BrownPeterson [PI-series on the iterated tensor product @ BP,(BZ/p).
Sections 3 and 4 introduce
the spectrum D(n) and important relations modulo pS in its BrownPeterson homology.
Section 5 is a retelling of [8] modulo pS. A classic fact is that a short exact sequence of finite Abelian p-groups splits if the sequence is exact mod pS for all s. The final Section 6 uses this fact to consolidate proofs for Theorems 1.1 and 1.3 (see Theorem 6.10, Corollary 5.5 and Theorem 6.8, respectively.)
An error in [Sl. The two first named authors wish to acknowledge an error in Section 6 of the predecessor paper [8] . The statements of the numbered lemmas, propositions, and theorem of the section are indeed correct, but the claim of the introductory paragraph of the section is false. The techniques of [8] do not lead to a new proof of the Conner-Floyd Conjecture.
The problem arises in the misuse of the "Ravenel Trick" applied to diagram (6.8) to claim that "there are no differentials in the two spectral sequences in the indirect route.. . ". The present paper makes no use of Section 6 and thus is independent of this error. However, Section 6 of [81 is still of use. We do know that the Conner-Floyd Conjecture has a positive solution. That known fact coupled with the computations of Lemmas 6.4, 6.5 and 6.6 of [81 can be used to show the collapse of the Adams spectral sequence converging to BP*(B(Z/p)"). 
Preliminaries on the [pl-series
Since u,! E ZL, the only possible nonzero c~,~ are those with L having I, + I,,, 1 + . . . > t. For the right side of (4) to be nonzero, it must have dimension at least that of ~$1,. . . , 11: 2t(p" -1) + n. By hypothesis, the dimension of the left side of (4) filtration less than that of [I -dp -I)rl,
modulo terms of filtration less than that of [I -s(p -lITI. This is proved by a second induction on 1, 1 < 1 G s, that:
modulo terms of filtration less than that of [I -s(p -1)Zl. We apply Lemma 2.6 to the right side of (6) to get
where x is of filtration less than that of 
where [J] = [l,. . . , 11.
The spectrum D(n)
We follow is the BP, -homomorphic image of the n-fold tensor product T. Let Spq(So) be the q-fold symmetric product of the sphere spectrum So. The iterated diagonal gives a map
whose cofibre is our spectrum D(n).
Warning. Here we are following the notation of [12] . In [ll] , this spectrum has the name "M(n)" which [12] uses for a related but different spectrum.
The canonical complex line bundle A has a K-theoretic negative -h, a virtual bundle. Let LY2 be the Thorn spectrum of -A over BZ/p. Let homology be with Z/p-coefficients.
Let 
aX"BP,(D(n)). (9)
This has a mod p cohomology analog: 
of (J) E BP(n).(D(n))
and [.fl E T ~3~~~ BP(n)..
Note that pS(J) E 12BP(n) ,(D(n>> = (u,")BP(n) *(D(n)) by Proposition 4.5. By Corollary 2.7, pS(J) =YSc(pS[J]) = (-l)""(a,,_,)'(J-sT) +~c,u,"+'Z:-~FK([M]).

M (17)
In ( Proof. We need a counting argument to show that the expressions (18) account for all the elements of Z/p' ~3 BP(n + 1) *(D(n)>. This is easy for s = 1. Then one uses an induction using the exact sequence induced by 0 + n/p + n/ps+' + n/ps + 0.
Obviously, v, + 1 multiplication will not send w in (18) to zero. (a> T(n -1) is a n/p-vector space as a BP, -module.
on T(n). Cc> Multiplication by v, is injective on T( n ). (d) For m > n, v,-multiplication on T(m) is injective modulo ps.
Proof. Parts (a) and cc> follow from ISI (see the last paragraph of p. 429). In degree 
2i -n, T( n -
The associated graded module eiPj/Pi_, is isomorphic to: If a is a torsion class, suppose s is the largest exponent so that pSa is not zero. (If a is torsion free, let s be so large that multiplication by ps kills all of the torsion in B.) Since f is manic, there are one or more j such that pSqj(f(a)) is not zero.
Suppose that for all such j, qj( f(a)> is divisable by p. Then f(p'a) is zero modulo 
(m) ,(X> = (BP,(X))(m).
There are four recurring hypothe- Proof. By Corollaries 4.4 and 4.10, the hypotheses of Lemma 6.7 are satisfied. The theorem then follows from Lemmas 6.5 and 6.7 using the counting of Proposition 4.3. 
